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KE®PAAAIO 2
IAIOTHTEX XYYNAPTHXEQN

§ 2.1 Movotovia - AkpdétaTo - Zvppetpiec Zovaptnong
A" OMAAAX

1.

* H f eivon yvnoiog gbivovsa 610 (—eo, 1] ko yvnoiag adv&ovoa 670 [1, +0).

* H g eivon yvmoimng anvéovoa oto (—s, 0], yvnoing edivovsa oto [0, 2] ko
yvnoing avgovca 6o [2, +eo).

* H h eivor yvnoiong @bivovoa 61to (—ee, —1], yvnoing av&ovoa oto [-1, 0],
ywnoiang pbivovca oto [0, 1] kot yvnoing avéovoa 610 [1, +eo).

- * H f mopovcidler ohid grdyioro yio x = 1, 1o (1) = —1 kau dgv mapovoid-

Cer ohiko péyroro.
* H g ev mapovoialet 00te ohikd pPéyioto 0vte ohikd AdyIoTO.
* H h mapovcialer odkod grdyioto yio x = —1 ko y1a x = 1 10
h(=1) = h(1) = -2, evd ev Tapovotélet ohkd péyioto.

. 1) Apxel va deiéovpe ta f{x) > f(3). Exovue

fx)>f3)ox’-6x+10>32-6-3+ 10<:>(x—3)220,1r01)10x1')81.

ii) Apxei vo deiovpe 611 g(x) < g(1). Exovpe
2x 2-1

g<g)e =<
x+1 1°+1

o 2x<x*+1 <:>0§(x—1)2,n0v10x6£1.

. 1) Hf| éxe1 nedio opiopod 1o R kot y1a kGOe X € R 1oy0et

fi(=x)= ?a(—x)2 + 5(—x)4 =3x*+ 5x%, Gpan f, eivar GpTia.

ii) H £, €xe1 nedio opiopod 1o R ko1 y1a kébe X € R 10y0¢t
£,(—=x) =3]x| + 1 =3[x| + 1, dpan f, eivar GpTic..

iii) H f; éxe1 nedio opiopod 1o R kat y1o kéBe X € R 1oydet
f;(=x) =[x + 1|, omd1e Sev givan 00te Gptia, 00TE MEPITTH, APOD
£,-1) # ££,(D).

iv) H f,; éye1 medio opiopod 1o R kot yio. k40e X € R 1oybdeL
f,(=x) = (%)’ = 3(=x)" =~ - 3x”) = —£(x), &pa. n f, nEprrT.

v) H £ &xe1 nedio optopod 1o (—e, 1) U (1, +eo) 1o Sev £xel KEVIPO oI

petpiag to 0. Apa, 1 f; dev givar ovte GpTu, 0VTE MEPILTTH.

2 2
f(—=x) = & x—, Gpa obTe GpTIo, 0VTE TEPITTA.
I-x 1-x
vi) H f; £xe1 medio opiopo to R kot yio ke x € R 1oydel
—2x —2x 2x

f(=x)= = = =—£(x), apa f, eivar meprrTn.
¢ x?+1 ©+1  £+1 ° ¢
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5. D) H f; éxe nedio opiopod 10 R* = {x € R | x # 0} ko1 yu kGOe X € R*

oyLEL

fitx)=—L =1 - f,x).
x|

Apan £ etvon Gptia.

O. Apa dev givon 00Te dpTia, 00Te TEPITTY.

iii) H £, €ye1 medio opropod to R kon yia kGbe X € R 10y0et
£(3) = Fx— 1= fx + 1] =[x + 1] - [x - 1| =—£x).
Apan £, eivon meprre.

iv) H f, éxe1 nedio opiopod to R* kou eivon meprrtn, S1611 ioybdeL

X+ 1
fm=—2 =1
*+1 X

Télog, av epyactovje dnmg otny i), o amodeitovpe ot

v) H £, éxe1 nedio opiopod 1o R xau eivon dptia, S0t fi(—X) = f5(x), 110
K@Pe x € R.

vi) H f; éye1 nedio opiopod 1o [-1, 1] ko efvon bptia, d161L fi(—x) = (%),
v kaBe x € [-1, 1].

i) H C; éxe1 xévrpo ovppetpiag to O(0, 0). Apa 1 f eivor meprrt.

ii) H C, éye1 4Eova coppetpiag tov y'y. Apan g eivar Gptia.

iif) H C, dev éxg1 001e GEovo. cvppetpiag tov y'y, 00te KEVTpo cuppetpiog
70 O(0, 0). Apa.m h dev givor ovTe GpTio oVTE TEPLTTN.

Opoing

i) H f etvon dpria.

ii) H g stvor meprrti).

iii) H h dev givar 00te dptiat, 00te mepreti|.

8. o) Iaipvoupe T1g cuppetpikés tov C,, C, ko C, og mpog tov d&ova y'y.

ii) H £, éxe1 medio opiopod o [2, +eo) mov dev éxet kévipo cuppetpiog To

| 74 \ yA / YA

y=x) \ y=g(x),
\ | ~ yrh(x)—

)
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B) Haipvovpe 115 cvppetpucés v C,, C, kar C; g mpog v apxi Tov

aovov.
A | yA f/ % y ! i
y =) =R
/VT8(%)
0 z 7o z 0 z
‘ "

§ 2.2 Kataképoon- OpilévTtio peTatoémion Kapmoing
A" OMAAAX

1. Omnog eldape otny §4.3, N ypoen tapdotacn g ¢(x) = [X|, omotedeiton

amd Tig dryoTopovs TV yovidv X Oy ke X Oy. H ypaguwm mapdotacn g
f(x) = |x| + 2 TpokOTTEL OO i KATOKOPLET LETATOMON TNG Y = |X[, KOTh
2 povadeg mTpog Ta WAV, VA T YPoeIkn Tapdotacn g f(x) = x| — 2
TPOKVTTEL OO 10, KATOKOPLPN HETATOTION TG Y = [X|, KoTd 2 povadeg
TTPOG TOL KAT® (TYN ML)

3 .
S ‘ | VA
|
N N B A
<
—%

2. H ypagu mapaotaon g h(x) = [x + 2| tpoxintel and wa opiléviia pe-
ToTOMIoN TG Y = [X], KOTd 2 HOVASES TPOG T APIOTEPE, EVA 1) YPOPIKY
napdotacn g q(x) = [x — 2| npokdnTel and pa opridvTio, petaTdmion
™mgy = [X|, Katd 2 povédeg mpog ta de&id (oxApw).

YA
<4 N G

c. -
(.37
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3. Apyd yapbooovpe TNV y = [X + 2|, Tov, Onmg gidape otny Tporyoduevn
Goknon, mpokdntel amd pa oplovTio LETATOmON TNG Y = [X| Katd 2 po-
VGOEG TTPOG TOL OPIOTEPG. XTI CUVEYEW XOPACCOVUE TV Y = [X + 2| + 1,
7oV, Omeg Yvapilovpe, TPOKVTTEL And Hio KATOKOPLQN PETATONION THG
YPOQIKNG TOPAcTAoNS TG Y = [X + 2| katd 1 povada mpog ta néve. Eno-
uévag, N ypaein mapdotacn g F(x) = [x + 2| + 1. apoxdntel and do
Sdoxikég PeTatomicelg ™G y = [X|, piog oplovTiag Kath 2 Hovades Tpog
T OPIOTEPG KO UoiG KaTakdpueng kKatd 1 povadag mpog to Tave (oyfpa).

W Ck

; 0 1 [
- b (e
Opoiwg, n ypopik Tapdotacn g G(X) = |x — 2| — 1, Ipokvmtel and §Ho
Sdoyké petatomioels g y = [X|, pag opii6vTiog Kotd 2 povadsg mpog
To Se€ud Ko pog kotokdpueng katd 1 povado mpog to kGt (oxnpa).

4.1) Exovpe
f(x)=2(x*-2x) +5=2(x* -2 -x+ 1)) =2 +5=2(x — 1)* + 3.
Apa, 1 ypogikn Topdotaon g f mpokdntel amd dvo Swadoyikég peta-
TOTGELS TNG YPOUPIKNG TAPACTACNG TG g(X) = 2%, poG oplovog katd
1 povada mpog ta de€1d Kot oG Katakopueng Kotd 3 LOVASES Tpog To
Tavo.

i1) ‘Exovpe

f(x)=-2(x*—4x)—9=-2(x>-2-2x +2) +8-9=-2(x-2)" - 1.
Apa, 1 Ypaekn wapdotacn g f TpokimTel amd 600 Stadoyikeg Heta-

TOTIGELG TNG YPOPIKNG TAPACTACNG TG &(X) = -2x%, pog opLiovTIog KoTd
2 povadeg mpog ta de&id Kot Hiag Katakopueng Kotd 1 povdda mtpog to

KATO.
5. i)
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ii)
A

C:h /(h Cq

3 10 1 2 3 5

iii)

®y

A0

\m

YA

nY

Ce

=Y

6. ) fx)=2(x—-2"-1+1=2(x—2)"
i) f(x) =2(x -3’ — 1 -2=2(x—3)*-3.
iii) fx) =2(x + 2y’ =1+ 1 =2(x + 2)*.
iv) f(x) =2(x +3) - 1-2=2(x +3)*-3.



